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wein and Bailey in [2, pp. 195–197]. Similarly, one can derive an induction-free proof
to the volume formula of generalized balls (2) using the Laplace transform. Finally,
we remark that more properties on the gamma function and volume of Euclidean balls
can be found in Stromberg [7, pp. 394–395].

Acknowledgment. This work was supported by NSERC and by the Grant In Aid of Okanagan University Col-
lege.

REFERENCES

1. J. A. Baker, Integration over spheres and the divergence theorem for balls, Amer. Math. Monthly 104 (1997),
36–47.

2. J. M. Borwein, D. H. Bailey, Mathematics by Experiment: Plausible Reasoning in the 21st Century, A.K.
Peters, 2003.

3. J. Edwards, A Treatise on the Integral Calculus, Vol. II, Chelsea Publishing Company, New York, 1922.
4. W. Fleming, Functions of Several Variables, Springer-Verlag, New York, 1977.
5. G. B. Folland, How to integrate a polynomial over a sphere, Amer. Math. Monthly 108 (2001), 446–448.
6. , Advanced Calculus, Prentice Hall, Upper Saddle River, NJ, 2002.
7. K. R. Stromberg, An Introduction to Classical Real Analysis, Wadsworth International Mathematics Series,

1981.

Proof Without Words: A Triangular Sum

t (n) = 1+ 2+ · · · + n→
n∑

k=0

t (2k) = 1

3
t (2n+1 + 1)− 1

t (2n+1 + 1)− 3:

3t(1)

3t(2n)

3t(4)

3t(2)

. . .

3
n∑

k=0

t (2k) = t (2n+1 + 1)− 3

Exercises: (a)
n∑

k=1

t (2k − 1) = 1

3
t (2n+1 − 2)

(b)
n∑

k=0

t (3 · 2k − 1) = 1

3

[
t (3 · 2n+1 − 2)− 1

]
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